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$K$ $\mathbb{C}$ $\mathbb{R},$ $V$ $\mathbb{C}$ $n$ , $G$
If , $(G, V)$ ,
. , $(G, V)$ $K$ $P_{1},$ $\cdots,$ $P_{r},$ $V_{K}$
$V$ $K$- . , $s=(s_{1}, \cdots, s_{r})\in \mathbb{C}^{r}({\rm Re}(s_{1})>0, \cdots, {\rm Re}(s_{r})>0)$ ,
$V_{K}$ Schwartz space S(V $\Phi$ , $Z_{K}(s, \Phi)$
$Z_{K}(s, \Phi)=\int_{V_{K}}|P_{1}(x)|_{K}^{s_{1}}\cdots|P_{r}(x)|_{K}^{s_{r}}\Phi(x)dx$
.
, $V_{K}$ (, $\rangle_{K}$ , $P^{*}.\cdot(\partial_{x})\exp(\langle x, y\rangle_{K})=\overline{P.\cdot(y)}\exp(\langle x, y\rangle_{K})$
$(i=1, \cdots, r)$ $P_{1}^{*}(\partial_{x}),$ $\cdots P_{r}^{*}(\partial_{x})$ , $m=(m_{1}, \cdots, m_{r})\in \mathbb{Z}_{\geq 0}^{r}$
,
$P_{1}^{*}(\partial_{x})^{m_{1}}\cdots P_{f}^{*}(\partial_{x})^{m_{r}}[P_{1}(x)^{s_{1}+m_{1}}\cdots P_{r}(x)^{s_{r}+m_{r}}]=b_{m}(s)P_{1}(x)^{s_{1}}\cdots P_{r}(x)^{s_{r}}$
$b_{m}(s)\in \mathbb{C}[s]=\mathbb{C}[s_{1}, \cdots, s_{r}]$ . $b_{m}(s)$
b- .
, $\Phi(x)$ test function: $\phi_{K}(x)=\exp(-\langle x, x\rangle_{K})$ , $Z_{K}(s, \phi_{K})$
explicit . ,
C. L. Siegel ([Si, Hilfssatz 37])










, $r\geq 1$ ,
.
, $Z_{K}(s, \phi_{K})$
, $Z_{\mathbb{C}}(s, \phi_{\mathbb{C}}),$ $Z_{-}(2s, h)$ , $\{\beta_{m}(s)\}_{m\in \mathbb{Z}_{\geq 0}^{r}}$




([Ao, Th\’eor\‘eme1.2]). , $Z_{K}(s, \phi_{K})$
, $Z_{K}(s, \phi_{K})$ explicit , .




$d$, $\beta(1,0,\cdots,0)(s),$ $\cdots,$ $\beta(0,\cdots,0,1)(s)$ , $\sigma:={\rm Re}(s_{i})$ ,
$t.\cdot={\rm Im}(s_{i})(i=1, \cdots,r),$ $o(1)$ $| \sum_{:}d_{1}.t:|arrow\infty$ 0
, 0 (1) $F(s)$
$\sigma 01,$ $\cdots,$
$\sigma 0t\in \mathrm{R}$, $\sigma=(\sigma_{1}, \cdots, \sigma_{r})$ $\psi(\sigma)$ ,
$\delta(\sigma)$ , $F(s)$ $D=\{s\in \mathbb{C}’|\sigma_{\mathfrak{R}}$. $\leq\sigma:\leq\sigma_{0}.\cdot+1(i=1, \cdots, \mathrm{r})\}$
,
$|F(s)| \leq\psi(\sigma)|\sum_{:^{d_{i}t:}}|^{\delta(\sigma)}\exp(-\frac{\pi}{2}|\sum_{:^{d_{i}t}i}|)(1+o(1))$ $(| \sum:d:t:|arrow\infty, \sigma\in D)$ .
, $F(s)$ .






$m\in \mathbb{Z}_{\geq 0}^{f}$ $f$ $b_{m}(s)\in \mathbb{C}[s]=\mathbb{C}[s_{1}, \cdots,s_{f}]$
, 0 $\mathbb{C}^{t}$ $F(s)$
$F(s+m)=b_{m}(s)F(s)(m\in \mathbb{Z}_{\geq 0}^{f})$ (2)
2
. , $\{b_{m}(s)\}_{m\in \mathbb{Z}_{\geq 0}^{r}}$
$b_{m_{1}+m_{2}}(s)=b_{m_{1}}(s)b_{m_{2}}(s+m_{1})(m_{1}, m_{2}\in \mathbb{Z}_{\geq 0}^{f})$ (3)
. , $b_{m}(s)$
.
2.1([SatOM2, Appendix]) $r$ $\{b_{m}(s)\}_{m\in \mathbb{Z}_{>0}^{r}}$
(3) , $e_{k}(s)=e_{k1}s_{1}+\cdots+e_{k\mathrm{r}}s_{f}\overline{(}e_{k1},$ $\cdots,$ $e_{k\mathrm{r}}\in \mathbb{Z}_{\geq 0}$,
$k=1,$ $\cdots,$ $N,$ $e_{k}\neq e_{k’}(k\neq k’))$ , $\eta_{k}(t)=\prod_{=1}^{d_{k}’’}.\cdot(t+q_{ki})^{\mu k:}\in \mathbb{C}(t)$
$( \mu_{ki}=\pm 1, d_{k}’=\sum_{-=1}^{d_{\acute{\acute{k}}}}\mu_{k:}>0, k=1, \cdots, N)$ , $h_{1},$ $\cdots,$ $h_{f}\in \mathbb{C}^{\mathrm{x}}$ ,
(i) $m\in \mathbb{Z}_{\geq 0}^{r}$ ,
$b_{m}(s)=h_{1}^{m_{1}}\cdots h_{f}^{m_{r}}$ $\prod_{k=1}^{N}$ $\prod_{j=0}^{\mathrm{e}_{k}(m)-1}\eta_{k}(e_{k}(s)+j)$ .
$\mathrm{e}_{k}(m)\neq 0$
(ii) $\mathrm{G}.\mathrm{C}.\mathrm{D}(e_{k:}):_{\mathrm{C}_{k}.\neq 0^{r}}=1.\cdot.,=1(k=1, \cdots, N)$ .
22 $\eta_{k}(t)$ ( $r=2,$ $N=1,$ $e_{11}=2,$ $e_{12}=3$ ,
$\eta_{1}(t.)=t(t+1)^{-1}(t+2)$ ) , $m\in \mathbb{Z}_{\geq 0}^{f}$ , $e_{k}(m)\neq 0$
$\prod_{j=0}^{e_{k}(m)-1}\eta_{k}(t+j)$ . $\text{ }$ , , $q_{k1},$ $\cdots,q_{kd_{\acute{\acute{k}}}}$
$q_{k:}$ $\mu_{k}.\cdot=1$ , .
, $z\in \mathbb{C}$ $z$ $\arg z$ \pi $<\arg z\leq\pi$
, $z,$ $\alpha\in \mathbb{C}$ $z^{\alpha}$ $z^{\alpha}=\exp(\alpha(\log|z|+\sqrt{-1}\arg z))$
. $s=(s_{1}, \cdots, s_{f})\in \mathbb{C}^{r}$ $\gamma(s)$
$\gamma(s)=h_{1}^{s_{1}}\cdots h_{\mathrm{r}^{r}}^{s}\prod_{k=1}^{N}\prod_{=1}^{d_{\acute{\acute{k}}}}\Gamma(e_{k}(s)+q_{k:})^{\mu k:}$
, $\gamma(s)$ (2) .
, $d. \cdot=\sum_{k=1}^{N}e_{k:}d_{k}’,$ $\sigma:={\rm Re}(s.\cdot),$ $t.\cdot={\rm Im}(s.\cdot)(i=1, \cdots, r),$ $o(1)$ $| \sum:d:t_{i}|arrow\infty$
0 . .
23 (2) 0 $F(s)$ ,
$\sigma_{01},$ $\cdots,$
$\sigma_{0r}\in \mathbb{R}$ , $\sigma=(\sigma_{1}, \cdots,\sigma_{f})$ $\psi(\sigma),$ $\delta(\sigma)$
, $F(s)$ $D=\{s\in \mathbb{C}^{r}|\sigma_{0i}\leq\sigma.\cdot\leq\sigma_{0:}+1(i=1, \cdots,r)\}$
,
$|F(s)| \leq\psi(\sigma)|\sum.\cdot d:t.\cdot|^{\delta(\sigma)}\exp(-\frac{\pi}{2}|\sum_{i}d_{i}t.\cdot|)(1+o(1))$ $(| \sum_{:^{d}:}t.\cdot|arrow\infty, \sigma\in D)$
, $F(s)$ $\gamma(s)$ .
3
[ ] $C(s)=F(s)/\gamma(s)$ $\mathbb{C}^{f}$ , $C(s+m)=C(s)(m\in \mathbb{Z}^{r})$
. , $C(s)$ Fourier
$C(s)=$ $\alpha_{u_{1}\cdots u_{r}}\exp(2\pi\sqrt{-1}\sum.\cdot u:s.\cdot)$
$u_{1},\cdots,u_{r}=-$
. $u=(u_{1}, \cdots, u_{f})$ $\alpha_{u}$ $s$ ,
$\alpha_{u}=\exp(2\pi\sum.\cdot u.\cdot t_{i})\int_{-^{r}/\mathrm{z}^{r}}C(s)\exp(-2\pi\sqrt{-1}\sum_{i}u.\cdot\sigma_{i})d\sigma$
.
, $u=(u_{1}, \cdots, u_{f})\neq(0, \cdots, 0)$ $\alpha_{u}=0$ , $C(s)$ $s$
. ,
$|\alpha_{u}|$ $\leq$ $\exp(2\pi\sum_{i}u:t_{i})\int_{\mathrm{n}^{r}/\mathrm{z}^{r}}|C(s)|d\sigma$
$=$ $\exp(2\pi\sum_{i}u_{i}t:)\int_{D\cap \mathrm{R}^{r}}\frac{|F(s)|}{|\gamma(s)|}d\sigma$ (4)
, $t=(t_{1}, \cdots, t,)$
.
$k=1,$ $\cdots,$ $N$ $o_{k}(1)$ $| \sum_{i}e_{ki}ti|arrow\infty$ 0 ,
Stirling ( [I2, Section 62] )
$| \Gamma(e_{k}(s)+q_{kj})|=(2\pi)^{\frac{1}{2}}|\sum.\cdot e_{k:}t.\cdot|^{\Sigma_{i}e_{k:}\sigma.+{\rm Re}(q_{kj})-\frac{1}{2}}.\exp(-\frac{\pi}{2}|\sum_{:}e_{k:}t_{i}|)(1+o_{k}(1))$
$(| \sum_{:}e_{k:}t\dot{.}|arrow\infty,\sigma\in D)$
. , $u\neq(0, \cdots, 0)$ $\sum_{i}c_{i}(2\pi u:+\arg h_{i})\neq 0$





$|F(s)| \leq\psi(\sigma)|\sum_{i}c_{i}d_{i}|^{\delta(\sigma)}|t_{0}|^{\delta(\sigma)}|\exp(-\frac{\pi}{2}|\sum_{:}c_{i}d_{i}||t_{0}|)(1+o(1))(|t_{0}|arrow\infty, \sigma\in D)$
. (4) , $M,$ $\delta_{0}>0$
$| \alpha_{u}|\leq\exp(t_{0_{1}}\sum_{i^{\mathrm{C}j}}(2\pi u_{i}+\arg h_{i}))|t_{0}|^{\delta_{0}}M(1+o(1))(|t\mathrm{o}|arrow\infty, \sigma\in D)$
. , $\exp(t_{0}\sum_{:}c_{i}(2\pi u_{i}+\arg h:))arrow \mathrm{O}$ $|t_{0}|arrow\infty$ ,
0 . $\alpha_{u}=0$ .









${\rm Re}(s_{1})>0,$ $\cdots,$ ${\rm Re}(s_{r})>0$ $s$ .
, 1 $b_{m}(s)$ (3) , 2.1
. ,
$P_{1}^{*}(\partial_{x})^{m_{1}}\cdots P_{r}^{*}(\partial_{x})^{m_{r}}[|P_{1}(x)|_{\mathbb{C}}^{s_{1}}\cdots|P_{r}(x)|_{\mathbb{C}}^{s_{r}}P_{1}(x)^{m_{1}}\cdots P_{f}(x)^{m_{r}}]$
$=b_{m}(s)|P_{1}(x)|_{\mathbb{C}}^{s_{1}}\cdots|P_{r}(x)|_{\mathbb{C}}^{s_{r}}(m\in \mathbb{Z}_{\geq 0}^{f})$ ,
$d_{i}= \sum_{k}e_{k:}d_{k}’=\deg P\dot{.}(i=1, \cdots, r)$ ,
$P_{i}^{*}(\partial_{x})\exp(-\langle x, x\rangle_{\mathbb{C}})=(-1)^{d}\cdot.\overline{P.\cdot(x)}\exp(-\langle x, x\rangle_{\mathbb{C}})(i=1, \cdots, r)$
, ,
$Z_{\mathbb{C}}(s+m, \phi_{\mathbb{C}})=b_{m}(s)Z_{\mathbb{C}}(s, \phi_{\mathbb{C}})(m\in \mathbb{Z}_{\geq 0}^{\mathrm{r}})$
. $Z_{\mathbb{C}}(s, \phi_{\mathbb{C}})$ $\mathbb{C}^{f}$ . $s=0$
$Z_{\mathbb{C}}(0, \phi_{\mathbb{C}})=\int_{V}\exp(-\langle x, x\rangle_{\mathbb{C}})dx=(2\pi)^{\frac{n}{2}}$
. , $Z_{\mathbb{C}}(s, \phi_{\mathbb{C}})$ explicit
.
3. 1
$Z_{\mathbb{C}}(s, \phi_{\mathbb{C}})=(2\pi)^{\frac{n}{2}}h_{1}^{s_{1}}\cdots h_{f}^{s_{r}}\prod_{k=1}^{N}.\cdot\prod_{=1}^{d_{\acute{\acute{k}}}}(\frac{\Gamma(e_{k}(s)+q_{k}.)}{\Gamma(q_{k}\dot{.})}.\cdot)^{\mu k}.\cdot$ .
5
[ ] $l=l(x)=\sqrt{(x,x\rangle_{\mathbb{C}}},$ $x=lu$ , $\alpha>0$ $dx=\alpha l^{2n}$ dldu
. , $i=1,$ $\cdots,$ $r$ , $P.\cdot(x)$ , $|P.\cdot(lu)|_{\mathrm{c}^{i}}^{s}=l^{2d:s:}|P.\cdot(u)|_{\mathbb{C}}^{s}\cdot$.
. ${\rm Re}(s_{1})>0,$ $\cdots,$ ${\rm Re}(s_{f})>0$




, $\nu=l^{2}$ $2ldl=d\nu$ ,
$Z_{\mathbb{C}}(s, \phi_{\mathbb{C}})=\psi(s)\int_{0}^{\infty}\nu^{\Sigma_{:}d:s:+n-1}\exp(-\nu)d\nu=\psi(s)\Gamma(\sum_{::}ds:+n)$
. Stirling
$Z_{\mathbb{C}}(s, \phi_{\mathbb{C}})|$ $\leq$ $\psi(\sigma)|\Gamma(\sum_{:^{d}:}s_{i}+n)|$
$=$ $(2 \pi)^{\frac{1}{2}}\psi(\sigma)|\sum_{:}d_{i}ti|^{\Sigma.d:\sigma.+n-\frac{1}{2}}.\cdot\exp(-\frac{\pi}{2}|\sum_{:}d_{1}.t_{i}|)(1+o(1))$
$(| \sum_{i}d:t:|arrow\infty, 1\leq\sigma_{i}\leq 2(i=1, \cdots, r))$
. , 23 , .
$\mathbb{C}$ . , $(G, V)$
, , $g\in G$ $P_{1}(g\cdot x)^{2\kappa_{1}}\cdots P_{f}(g\cdot x)^{2\kappa_{r}}=$
$(\det g)^{2}P_{1}(x)^{2\kappa_{1}}\cdots P_{r}(x)^{2\kappa_{r}}$
$\kappa_{1},$ $\cdots,$ $\kappa_{r}\in(1/2)\mathbb{Z}_{>0}$
. , $V$ Vl , $\rangle_{\mathbb{C}}$
, $\Phi\in S(V)$ Fourier $\hat{\Phi}\in S(V^{*})$
$\ovalbox{\tt\small REJECT}_{(y)=}\int_{V}\Phi(x)\exp(2\pi\sqrt{-1}((x,\overline{y})_{\mathbb{C}}+(\overline{x},y\rangle_{\mathbb{C}}))dx$
. $(G, V)$ ,
$(G^{*}, V^{*})$ $P_{1}^{*},$ $\cdots,$ $P_{f}^{*}$ , $P-(\partial_{x})\exp(\langle x, y)_{\mathbb{C}})=\overline{P_{i}^{*}(y)}\exp(\langle x, y\rangle_{\mathbb{C}})(i=$
$1,$ $\cdots r)$ , $m=(m_{1}, \cdots, m_{f})\in \mathbb{Z}_{\geq 0}^{f}$ ,
$P_{1}(\partial_{x})^{m_{1}}\cdots P_{t}(\partial_{x})^{m_{r}}[P_{1}^{*}(x)^{s_{1}+m_{1}}\cdots P_{f}^{*}(x)’ r+m_{r}]=b_{m}(s)P_{1}^{*}(x)^{s_{1}}\cdots P_{f}^{*}(x)^{s_{r}}$
. , $b_{m}(s)$ 1 .
, $\Phi^{*}\in S(V^{*})$ , $Z_{\mathbb{C}}^{*}(s, \Phi^{*})$
$Z_{\mathbb{C}}^{*}(s, \Phi^{*})=\int_{V}$ . $|P_{1}^{*}(y)|_{\mathbb{C}}^{s_{1}}\cdots|P_{r}^{*}(y)|_{\mathrm{c}^{r}}^{s}\Phi^{*}(y)dy$
6
. $4arrow,$ $\Phi$), $\ovalbox{\tt\small REJECT}(s,$ $\Phi\ovalbox{\tt\small REJECT}$ $\mathbb{C}’$ ,
$\kappa\ovalbox{\tt\small REJECT}(\kappa,, \cdots, \kappa_{7})$ , $\ovalbox{\tt\small REJECT} s$ )
$Z_{\mathbb{C}}^{*}(s-\kappa,\hat{\Phi})=c(s)Z_{\mathbb{C}}(-s, \Phi)(\Phi\in S(V))$




$c(s)=. \prod_{1=1}^{f}((2\pi)^{-d}\cdot.h_{i})^{2s:-\kappa:}\prod_{k=1}^{N}\prod_{j=1}^{d_{\acute{\acute{k}}}}(\frac{\Gamma(e_{k}(s-\kappa)+q_{kj})}{\Gamma(-e_{k}(s)+q_{kj})})^{\mu kj}$ .








${\rm Re}(s_{1})>0,$ $\cdots,$ ${\rm Re}(s_{r})>0$ $s$ . $K=\mathbb{C}$
, 1 $b_{m}(s)$ 2.1 . ,
$P_{1}^{*}(\partial_{x})^{m_{1}}\cdots P_{f}^{*}(\partial_{x})^{m_{r}}[|P_{1}(x)|^{s_{1}}\cdots|P_{f}(x)|^{s_{r}}P_{1}(x)^{m_{1}}\cdots P_{r}(x)^{m_{r}}]$
$=b_{m}(s)|P_{1}(x)|^{s_{1}}\cdots|P_{f}(x)|^{s_{r}}(m$ $($: $\mathbb{Z}_{\geq 0}^{r})$
.
, $P_{i}(x)1\mathrm{h}x$ .
$d_{i}= \sum_{k}e_{k}.\cdot d_{k}’=\deg$ P- $(i=1, \cdots, r)$ ,
$P_{i}^{*}(\partial_{x})\exp(-\langle x, x\rangle_{\mathrm{n}})=(-2)^{d_{j}}P.\cdot(x)\exp(-\langle x, x\rangle_{\mathrm{n}})(i=1, \cdots, r)$
7
. , $\mathbb{Z}^{7}$ $E_{1}\ovalbox{\tt\small REJECT}(1,0, \cdots, 0),$ $\cdots,$ $E_{r}\ovalbox{\tt\small REJECT}(0,$ $\cdots,$ $\circ,$ $\mathfrak{y}$
, ,
$Z_{\mathrm{R}}(s+2E_{i}, \phi_{\mathrm{R}})=2^{-d_{1}}.b_{E:}(s)Z_{\mathrm{R}}(s, \phi_{\mathrm{R}})(i=1, \cdots, r)$ (5)
. $Z_{\mathrm{R}}(s, \phi_{\mathrm{n}})$ $\mathbb{C}^{f}$ .
$s=0$
$Z_{-}(0, \phi_{\mathrm{n}})=\int_{V_{\mathrm{I}}}\exp(-\langle x, x\rangle_{\mathrm{n}})dx=\pi^{\frac{n}{2}}$
. , .
3.3 $P_{i}(x)$ $\mathrm{a}$’ $x$ ,
(i) $b_{E:}(s)b_{E_{j}}(s+2E_{i})=b_{E}(:s+2Ej)b_{E_{j}}(s)(i,j=1, \cdots, r)$ ,
(ii) $e_{ki}=0$ or 1 $(k=1, \cdots, N, i=1, \cdots, r)$ .
[ ] (i) (5) .






$= \prod_{u=1}^{d_{\acute{\acute{k}}}}\prod_{v=0}^{\epsilon_{k}.-1}(e_{k}(s)+q_{ku}+2e_{kj}+v)^{\mu ku}\prod_{u=1}^{d_{\acute{\acute{k}}}\mathrm{e}}\prod_{v=0}^{kj^{- 1}}(e_{k}(s)+q_{ku}+v)^{\mu ku}$
. $q_{k1},$ $\cdots,$ $q_{kd_{\acute{\acute{k}}}}$ $q_{k}$ ,
, $(e_{k}(s)+q_{k}+2e_{ki}+e_{kj}-1)$ ,
$(e_{k}(s)+q_{k}+2e_{kj}+e_{k:}-1)$ . 22 ,
. $e_{kj}=e_{kj}$ .
, $e_{k1},$ $\cdots,$ $e_{kr}$ 0 . 2.1(ii)
0 1 , 1 .
, $Z(s)=Z_{\mathrm{n}}(2s, h)$ ,
$B_{m}(s)=h_{1}^{m_{1}}\cdots h_{r}^{m_{r}}$
$\prod_{k=1,e_{k}(m\mathfrak{l}\neq 0}^{N}\mathrm{I}\mathrm{I}\prod_{j=0}^{\mathrm{e}_{k}(m)-1}(e_{k}(s)+\frac{q_{ki}}{2}+j)(m=(m_{1},\cdots,m_{f})\in \mathbb{Z}_{\geq 0}^{r})$
, $Z(s)$ $Z(s+m)=B_{m}(s)Z(s)$ . ,
8
3.4 $P_{1}(x),$ $\cdots,$ $P_{f}(x)$ $\grave{\grave{\mathrm{a}}}$ $x$ ,
$Z_{\mathrm{R}}$ ( $s$ , \phi ) $= \pi^{\frac{n}{2}}h_{1}^{\lrcorner}\cdots h^{2}\frac{s}{r}\mathrm{L}\prod_{k=1}^{N}\prod_{i=1}^{d_{\acute{\acute{k}}}}\frac{\Gamma((e_{k}(s)+q_{k}.)/2)}{\Gamma(q_{k}\dot{.}/2)}\epsilon_{2}.$ .
[ ] $l=l(x)=\sqrt{(x,x\rangle_{\mathrm{R}}},$ $x=lu$ , $\alpha>0$ $dx=\alpha l^{n}$ dldu
. $K=\mathbb{C}$ , ${\rm Re}(s_{1})>0,$ $\cdots,$ ${\rm Re}(s_{f})>0$




, $\nu=l^{2}$ $2ldl=d\nu$ ,




$(| \sum_{:}d.\cdot t.\cdot|arrow\infty, 1\underline{<}\sigma_{i}\leq 2. (i=1, \cdots, r))$
. , 23 $Z_{\mathrm{R}}(s, \phi_{\mathrm{N}})=Z(s/2)$ ,
.
, $G_{\mathrm{N}}$ $G$ $\mathbb{R}$ , $G_{\mathrm{R}}^{\mathrm{o}}$ , G , G ,
$G_{1\mathrm{R}}^{\mathrm{O}}$ G . $(G, V)$ $\mathrm{Y}$ , $\mathrm{Y}$ $\mathbb{R}$
$\mathrm{Y}_{\mathrm{N}}$ $G_{\mathrm{R}}^{+}$ . $\mathrm{Y}_{1},$ $\cdots,$ $\mathrm{Y}\iota$
$\langle$
$(\mathrm{Y}_{1\mathrm{R}}=\mathrm{Y}_{1}\cup\cdots\cup \mathrm{Y}_{l})$ . $\mathrm{Y}.\cdot$ $Z_{\mathrm{Y}_{i}}(s, \Phi)$
$Z_{\mathrm{Y}}. \cdot(s, \Phi)=\int_{\mathrm{Y}}.\cdot|P_{1}(x)|^{s_{1}}\cdots|P_{r}(x)|^{s_{r}}\Phi(x)dx(i=1, \cdots, l)$
. $Z_{\mathrm{Y}}.\cdot(s, \Phi)$ $Z_{\mathrm{R}}(s, \Phi)$ $\mathbb{C}^{r}$ .
, $Z\dot{.}(s)=Z_{\mathrm{Y}_{i}}(2s, \phi_{\mathrm{R}})$ $Z.\cdot(s+m)=B_{m}(s)Z.\cdot(s)$ .
.
9
3.5 $P.(x),$ $\cdots,$ $\ovalbox{\tt\small REJECT}(x)$ $x$ , $i\ovalbox{\tt\small REJECT} \mathit{1}_{J},$ $\ovalbox{\tt\small REJECT}\cdot,$ $\mathit{1}$ ” ,
$\alpha_{i}\ovalbox{\tt\small REJECT} Z_{\mathrm{Z}}(0,$ $\phi\sim$ ,
$Z_{\mathrm{Y}_{i}}(s, \phi_{\mathrm{n}})=\alpha:h_{1}^{\lrcorner}2\ldots h^{\frac{}{f}\mathrm{L}}2\prod_{k=1}^{N}.\cdot\prod_{=1}^{d_{\acute{k}}}*\cdot’\Gamma((e_{k}(s)\mathrm{i}+q_{k})/2)\Gamma(q_{k}\dot{.}/2)$ .
, $(G, V)$ , $(G^{*}, V^{*})$
, $\kappa=(\kappa_{1}, \cdots, \kappa_{f}),$ $P_{1}^{*},$ $\cdots,$ $P_{f}^{*}$ $K=\mathbb{C}$ . , $V_{\mathrm{R}}$




$(G^{*}, V^{*})$ Y*# $\mathrm{Y}_{1}^{*},$ $\cdots,$ $\mathrm{Y}_{f}^{*}$ $\mathrm{Y}_{1},$ $\cdots,$ $\mathrm{Y}_{r}$ , $\Phi^{*}\in S(V_{\mathrm{n}}^{*})$
$Z_{\mathrm{Y}}^{*}.\cdot.(s, \Phi^{*})$
$Z_{\mathrm{Y}}^{*}. \cdot\cdot(s, \Phi^{*})=\int_{\mathrm{Y}_{i}}$ . $|P_{1}^{*}(x)|^{s_{1}}\cdots|P_{f}^{*}(x)|^{s_{r}}\Phi^{*}(x)dx(i=1, \cdots, l)$
. , (s) $(i,j=1, \cdots, l)$
$Z_{\mathrm{Y}}^{*}. \cdot.(s-\kappa,\hat{\Phi})=\sum_{j=1}^{l}\mathrm{q}_{j}.(s)Z_{\mathrm{Y}}.\cdot(-s, \Phi)(\Phi\in S(V_{\bullet}), i=1, \cdots, l)$
([SatoF, Lemma 55]). , $\Phi(x)=\exp(-\pi(x, x\rangle_{\mathrm{n}})$
$\hat{\Phi}=\Phi$ , 35 , (s) ,
.
3.6 $P_{1}(x),$ $\cdots,$ $P_{f}(x)$ $\dot{\mathrm{a}}_{X}$ . $i=1,$ $\cdots,$ $l$
$\alpha:=Z_{\mathrm{Y}}.\cdot(0,\exp(-\pi(x, x)_{\mathrm{n}})),$ $\alpha_{i}^{*}=Z_{\mathrm{Y}}^{*}.\cdot.(0,\exp(-\pi(x, x)_{\mathrm{I}}))$ ,
$\alpha_{1}\mathrm{q}_{1}.(s)+\cdots+\alpha_{l}\mathrm{q}.\iota(s)=\alpha_{}^{*}\prod_{u=1}^{f}(\pi^{-d_{u}h_{u}})^{s_{u}-^{\underline{\kappa}_{2^{1\mathrm{L}}}}}\prod_{k=1j}^{N}\prod_{=1}^{d_{\acute{\acute{k}}}}\frac{\Gamma((e_{k}(s-\kappa)+q_{kj})/2)}{\Gamma((-e_{k}(s)+q_{kj})/2)}$ .
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297.
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